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set. Most of the relationships proposed to predict the viscosity of
crude oil as well as saturated oil viscosity depends on the dead oil
viscosity obtained from other relationships. Khan et al. (1987)
presented a model for Saudi Arabia oil data. In this model, satu-
rated oil viscosity was independent from the dead oil viscosity. Oil
viscosity correlations for various regions also were analyzed
by Elsharkawy and Alikhan (1999) for Middle East and Glaso
(Glaso, 1980) for North Sea oil data.

In addition, an empirical model to forecast viscosity based on
gas compositions using regression technique was developed by
Elsharkawy (Elsharkawy and Alikhan, 1999). The entire curve for
viscosity value was forecasted for various pressures using one
empirical correlation. The accuracy of these correlations is de-
clined when it limited to a particular region.

Twenty-eight sand pack flood tests were conducted by Wang to
investigate the relationship between the effective viscosity of polymer
solution and the tertiary oil recovery by polymer flooding. The studied
oil viscosities ranged from 430 to 5500 mPa s (Wang and Dong, 2009).

Application of particle swarm optimization, genetic and the
other evolutionary algorithm, and NLP techniques have received
remarkable attention in many research fields. Some of them are
presented in (Ahmadi, 2015; Amidpour et al., 2015; Ghorbani et al.,
2014; Jalilirad et al., 2015; Park et al., 2014).

Ahmadi et al. (2015) developed a GMDH model for determining
torque and output power of a Stirling heat engine. Results showed
that the GMDH model can be employed to design Stirling heat
engines with high performance, sturdiness, and reliability.
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Nomenclatures

Ei Percent relative error
Ea Percent mean absolute relative error
Er Percent mean relative error

S Standard deviation
n Number of data points
r Correlation coefficient
X̄ Mean value
i Observation index
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Shirmohammadi et al. (2015) employed a hybrid group method
of data handling (GMDH) along with linking between Aspen HY-
SYS and MATLAB software, optimized with Genetic algorithm (GA),
to obtain efficient polynomial correlation to estimate optimal
consumed power for two cascade refrigeration cycles.

Ghorbani et al. (2014) proposed a GMDH artificial neural net-
work, optimized with genetic algorithm (GA), to obtain efficient
polynomial correlation to forecast oil viscosity. The obtained cor-
relations were compared with previous research correlations using
the large set of Iranian oil data. They also provided a comprehensive
computational and statistical result to assess the performance of the
proposed methods. Results illustrated the hybrid model had very
good behavior for estimating the viscosity of crude oils.

Hemmati-Sarapardeh et al. (2013) evaluated the most fre-
quently used oil viscosity correlations using a large databank of
Iranian oil reservoirs. They recommended three of the most ac-
curate correlations for each region, comprising dead oil viscosity,
viscosity below bubble point, viscosity at bubble point and the
under saturated oil viscosity, for Iranian oil reservoirs. Ultimately,
they developed four correlations for Iranian oil reservoirs which
have simplified functional format.

Hou et al. (2015) presented a model for Shanbei crude oil
blending to improve the total yield of fractions and reduce the
viscosity of the mixed crude oils.

Recently, many scholars employed the artificial neural network
to predict oil viscosity (Al-Marhoun et al., 2012; Ardalan et al.,
2009; Ghaderi, 2012; Makinde et al., 2012; Torabi et al., 2011).
Abedini (2010) also developed an empirical formula to forecast oil
viscosity. They also validated sensitivity analysis of viscosity by
diverse graphs. A correlation method for forecasting crude oil
viscosities was examined by Naseri et al. (2005).

Hajizadeh (2007a, 2007b) applied genetic algorithm techniques
for predicting reservoir fluid viscosity. An impact analysis was
performed on the input parameters, which are pressure, tempera-
ture, gas–oil ratio, and oil density, indicating that the temperature
has the greatest impact on the reservoir fluid viscosity followed by
oil density, pressure and gas–oil ratio. The genetic algorithm in-
dicated prediction of viscosity with a good accuracy for testing data.

In this study, five input variables consist of oil API gravity (API),
pressure (P), saturation pressure (Pb), solution gas–oil ratio (Rs), re-
servoir temperature (Tf) are imposed to the present multi-hybrid
model. The purpose of this paper is to obtain a relationship between
oil viscosity at reservoir pressure, temperature, and other parameters
of crude oil. The relationship can easily be achieved with PVT ana-
lysis. This relation is studied in three different cases of pressure at the
bubble point, below the bubble point, and above the bubble point
pressure. The present model can obtain efficient polynomial corre-
lation to estimate oil viscosity at the aforementioned points.
Fig. 1. Network structure of a chromosome (Shirmohammadi et al., 2015). (a) GS-
GMDH type, (b) CS-GMDH type.
2. GMDH neural networks

The GMDH algorithms can be applied in a great variety of areas
for anticipating as well as systems modeling and optimization. The
GMDH algorithm can also be considered from two different facets,
mathematical basis as well as modeling theory and analysis of the
system. Mathematically, the GMDH algorithm is embedded in
analyzing Volterra function series to a quadratic two-variable
polynomial. Volterra series is converted into a set of chain re-
cursive equations in this analysis. The algebraic substitution of
each recursive relation then can results in the re-establishment of
Volterra series. A mathematical model can be characterized as a
set of neuron. Dissimilar pairs in each layer are linked by a
quadratic polynomial to produce new neurons in the next layer.

Identification problem can be defined to find a function f̂ that can
forecast output ŷ for an assumed input vector = ( )X x x x x, , , ... , n1 2 3 .
The definite output can be defined as follows: (Nariman-Zadeh
et al., 2003; Nariman-Zadeh et al., 2005)

= ( ) ( = ) ( )y f x x x x i M, , , ... , 1, 2, 3, ... 1i i i i in1 2 3

GMDH is then trained by assumed input vector

= ( )X x x x x, , , ... ,i i i in1 2 3 to forecast the output values f̂i as follows:

^ = ^ ( ) ( = ) ( )y f x x x x i M, , , ... , 1, 2, 3, ... 2i i i i in1 2 3

The squared difference between the definite and anticipated
output can be minimized as:

⎡
⎣⎢

⎤
⎦⎥∑ ^ ( ) − →

( )=

f x x x x y, , , ... , min
3i

M

i i i in i
1

1 2 3

2

An intricate discrete form of the Volterra series is employed to
make a general connection between input and output variables:



Fig. 2. Crossover operation Shirmohammadi et al. (2015). (a) For two individuals in GS-GMDH networks, (b) on two GS-GMDH networks.

Fig. 3. Procedure of parameters tuning by combination of GS-GMDH and GA algorithms.
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Table 1
Tuning parameters in the Genetic algorithm for viscosity below, at, and above the
bubble points.

Tuning parameters in the Genetic Algorithm for viscosity values

Tuning parameters Below At Above
Population size 365 57 287
Maximum number of generations 1095 171 861
Probability of crossover 70% 70% 70%
Probability of mutation 1% 1% 1%
Number of crossover point 2 2 2

Fig. 4. Evolved structure of GS-GMDH neural network for. (a) Viscosity below the
bubble point. (b) Viscosity at the bubble point. (c) Viscosity above the bubble point.

B. Ghorbani et al. / Journal of Petroleum Science and Engineering 142 (2016) 68–76 71
∑ ∑ ∑ ∑ ∑ ∑= + + + +
( )

∘
= = = = = =

y a a x a x x a x x x ...
4i

n

i i
i

n

j

n

ij i j
i

n

j

n

k

n

ijk i j k
1 1 1 1 1 1

The above mathematical depiction can be expressed by a par-
tial quadratic polynomials system comprising two variables as
follows:

^ = ( ) = + + + + + ( )∘y G x x a a x a x a x a x a x x, 5i j i j i j i j1 2 3
2

4
2

5

The above-mentioned system is recursively employed to create the
general mathematical connection between input and output variables
by connected neurons. Regression techniques are employed to calcu-
late ai value in Eq. (5). The difference between actual and calculated
output variables can be minimized in terms of input variables.

The following equations are acquired for each row of M data
triples using the quadratic sub-expression in the Eq. (5).

= ( )Aa Y 6

= { } ( )∘a a a a a a a, , , , , 71 2 3 4 5

= { } ( )Y y y y y, , , ... 8M
T

1 2 3

where Y is the vector of output values, and a is the vector of
unknown coefficients for the quadratic polynomial in Eq. (5).

( )= ( )
−

a A A A Y 11
T T1

Eq. (11) also defines the best quadratic coefficient vector for the
entire set of M data triples. This process is reiterated in the next
hidden layer for each of the neuron with respect to the network
connectivity topology.

In the second part, the GMDH algorithms are based on the
modeling theory and analysis of systems. The GMDH neural net-
work is a self-organizing, unidirectional structure with multiple
layers. These layers are composed of several neurons, which have
an analogous structure. (Nariman-Zadeh et al., 2003).

Singular Value Decomposition (SVD) also is employed to design
of such GMDH-type networks. SVD is a method for solving most
linear least squares problems that some singularities might exist in
the normal equations. The most popular technique for computing
the SVD was proposed in (Shirmohammadi et al., 2015).

2.1. Topology design of GMDH-type ANNs using genetic algorithm

Genetic algorithms as an evolutionary algorithm is widely ap-
plied for different features of design in neural networks because of
their unique capabilities of finding a global optimum in multi-
modal and/or non-differentiable search space (Ardalan et al.,
2009; Nariman-Zadeh et al., 2003; Shirmohammadi et al., 2015).

GMDH artificial neural networks can be divided into the two types
consisting of GS-GMDH and CS-GMDH neural networks. In the GS-
GMDH neural networks, neurons connections can occur between
different layers, which are not necessarily adjacent ones (Fig.1 (a)).
Whereas, in the CS-GMDH neural networks such connections occur
only between adjacent layer (Fig. 1(b)) (Nariman-Zadeh et al., 2003;
Shirmohammadi et al., 2015).

According to Fig. 2(a) and (b), the crossover process can alter the
building blocks information of such GS-GMDH neural networks. In this



Table 2
Experimental data range for saturated and under-saturated reservoir oil viscosity.

Oil properties Under-saturated Saturated

Oil API gravity 21.55–30.62 21.55–37.62
Reservoir temperature (F) 100–250 100–250
Solution gas–oil ratio (scf/stb) 302–1601 302–1601
Saturation pressure (psia) 773–5931 773–5931
Pressure (psia) 110–4790 110–4790
Saturated viscosity (cP) 0.32–6.23 0.27–4.12

B. Ghorbani et al. / Journal of Petroleum Science and Engineering 142 (2016) 68–7672
way, the two types of GS-GMDH and CS-GMDH neural networks can
be transformed to each other, depicted in Fig. 2(b). Mutation process
can also convert a GS-GMDH neural network to a CS-GMDH one or
vice versa. (Madandoust et al., 2010; Nariman-Zadeh et al., 2003;
Shirmohammadi et al., 2015)
3. Presented multi-hybrid model

Overall assessment and training of the developed correlations are
carried out by a set of Iranian oil data. This sample have over 600
valid data points, measured in the laboratory, and is divided into two
general categories of saturated and under-saturated oil. In presented
multi-hybrid model in Fig. 3, the correlation of each datasets is ob-
tained from training datasets. These correlations are then tested by
the testing datasets, which are never observed throughout the
training. About 90% of each data set is applied for training in order to
derive a GS-GMDH algorithm, and the rest is used for validating the
correlation. The best value that can be gained for the variable is equal
to 1. If the appropriate value of correlation, which is more than 0.95,
is not obtained, Genetic algorithm according to range of decision
variables would generate new data stochastically and the new data
Table 3
Accuracy of viscosity correlations for prediction of saturated oil and under-saturated oi

Saturated oil viscosity

Viscosity at the bubble point Correlation
The present research
Ghorbani et al. (2014)
Elsharkawy and Alikhan (1999)
Khan et al. (1987)
Labedi (1992)
Kartoatmodjo and Schmidt
(1994)
Petrosky and Farshad (1995)
Naseri et al. (2005)

Viscosity below the bubble point The present research
Ghorbani et al. (2014)
Elsharkawy and Alikhan (1999)
Khan et al. (1987)
Labedi (1992)
Kartoatmodjo and Schmidt
(1994)
Petrosky and Farshad (1995)
Naseri et al. (2005)

Under-saturated oil viscosity
Viscosity above the bubble point Correlation

The present research
Ghorbani et al. (2014)
Elsharkawy and Alikhan (1999)
Khan et al. (1987)
Labedi (1992)
Kartoatmodjo and Schmidt
(1994)
Petrosky and Farshad (1995)
Naseri et al. (2005)
then enter to the GS-GMDH model. Again these data herein are
employed to obtain new appropriate correlation. This step is being
continued to obtain the appropriate correlation. Tuning parameters
of Genetic algorithm, used in this study, are given in Table 1.
4. Modeling of viscosity correlation

In this paper, five input variables and an output variable are em-
ployed for modeling of viscosity below, at and above the bubble point
using GS-GMDH neural networks. The five variables are recognized as
primary input data (pressure x1; reservoir temperature, x2: Tf; solution
gas–oil ratio, x R: s3 ; saturation pressure, x P: b4 ; oil API gravity,

+x :
API5

141.5
131.5

) and an output data y6 representing viscosity at the
aforementioned points. The total number of available data for training
and testing the correlation viscosity below, at and above the bubble
point are 365, 287, and 57, respectively. These datasets are divided into
training and testing sets to validate the forecast aptitude of the GS-
GMDH neural networks. The training sets, consisting of 295 out of 365
data, 51 out of 57, and 199 out of 287 are employed for training and.
The rest of unanticipated data, which are testing set, are just employed
for testing to indicate the forecast aptitude of the evolved GS-GMDH
neural network model throughout the training process. The structure
of these GS-GMDH models are illustrated in Fig. 4 corresponding to
the genome representations of y6 for viscosity above, at, and below of
the bubble points.
5. Correlations development

The PVT experimental data sample for South pars crude oils
located in Persian gulf is measured. The samples are tested
l viscosities.

MAE ME S R
0.01058 0.0000104 0.8295 0.999786
12.48 �3.34 18.24 0.97
22.9413 �20.4634 20.1123 0.9245
23.52 �6.34 31.12 0.78
52.05 �52.05 31.40 0.46
32.45 17.44 34.88 086

81.98 �80.72 44.65 0.59
17.4 �13.42 22.17 0.84

3.77 0.0018 0.6731 0.998
13.57 �3.15 17.49 0.96
25.60 19.77 24.10 0.74
32.01 �21.77 38.29 0.57
43.68 �42.16 30.66 0.42
48.13 44.88 28.97 061

63.01 �58.24 53.54 0.65
31.13 �0.28 24.15 0.76

MAE ME S R
0.268 0.000012 0.835 0.99998
10.95 �1.88 13.95 0.98
25.60 19.77 24.10 0.74
21.54 �5.06 29.46 0.79
69.13 �69.13 77.83 0.44
31.29 14.81 36.31 0.84

77.79 �76.09 45.33 0.63
22.18 �12.16 26.1 0.86
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meticulously and the values of the parameters and oil viscosity are
derived. Details of these data are presented in Table 2.

Corresponding polynomial representation of the model for
below, at, and above the bubble points are drown as follows.
5.1. Correlation A (viscosity below the bubble point)
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Fig. 5. Scatter diagram based on presented approach in terms of correlation coef-
ficient (R2). (a) Viscosity below the bubble point. (b) Viscosity at the bubble point.
(c) Viscosity above the bubble point.
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where x1 to x5 are five input variables consisting oil API gravity,
reservoir temperature, solution gas–oil ratio, pressure and sa-
turation pressure, respectively. Besides, y1 to y6 are quadratic de-
scription of their correspond neurons in Fig. 4.
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6. Results and discussion

In this section, correlations results of viscosity below, at, and
above the bubble points are discussed through using proposed
approach in Fig. 3. The result of correlations and other previous
correlations that are tested using the available data are shown in
Table 3. The values of MAE, ME, S, and R are achieved by the
equations in Appendix A. Relationship between two variables can
be measured by correlation coefficient, and unity is the best value
that can be gained for the variable. The correlation coefficient of
the study is almost equal to 1 as tabulated in Table 3. It can be
concluded that there is a remarkable difference between correla-
tion coefficient of this study and the previous ones. The proposed
correlations also provide better results in comparison with the
other correlations, which are evaluated in the study.

The divergence between obtained outputs of the presented
model and corresponding experimental data are presented in
Figs. 5 and 6. The obtained results of the presented model for
Fig. 6. The comparison between the presented model outcomes and real values of
viscosity at bubble point. (a) Viscosity below the bubble point. (b) Viscosity at the
bubble point. (c) Viscosity above the bubble point.
viscosity below, at and above the bubble points is according to the
line Y¼X, representing good precision. Correlation coefficient (R2)
of the above-mentioned line represents the strength of the model.
The best value that can be obtained for this variable is equal to 1.
Fig. 6 depicts training and testing datasets for predicting of Iranian
crude oils viscosity. Not only does this GS-GMDH model, combined
by genetic algorithm, have brilliant behavior, but the model in
terms of simple polynomial equations are able to model and
forecast properly the output of testing data that are not employed
throughout the training process as well.

Relative deviation of the obtained output values of presented
model using experimental values is illustrated in Fig. 7. In addition,
relative deviations of the determined viscosity values by presented
model in terms of pressure values is depicted in Fig. 8. Figs. 7 and 8
can show performance of the evolved presented model.

The comparison between the correlation coefficient of the
presented model and the seven aforementioned models are illu-
strated in Fig. 9. Since there is considerable difference between the
correlations values of presented model and the seven others stu-
dies, according to Fig. 9 it would not be wrong to come to the
conclusion that presented model has superiority over the other
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Fig. 7. Relative deviations of the determined viscosity values by presented model
using experimental values. (a) Viscosity below the bubble point. (b) Viscosity at the
bubble point. (c) Viscosity above the bubble point.
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discussed models for estimating and predicting of the viscosity of
Iranian crude oils.

Sensitivity analysis also is carried out to determine the influ-
ence of oil API gravity and pressure on the viscosity below the
bubble point. The viscosity data are plotted in terms of reservoir
temperature in Figs. 10 and 11 with respect to pressure and oil API
gravity. Constant temperatures are depicted by the similar color.
Fig. 10 illustrates that the slop of viscosity in terms of pressure (0–
6000 psi) is first increased isothermally and linearly, and it is then
reduced. Fig. 11 shows that the values of viscosity in terms of oil
API gravity is first linearly increased for different constant tem-
perature, and it is then declined.
7. Conclusion

In this paper, a multi-hybrid model is employed to predict the
viscosity of Iranian crude oils. The viscosity correlations are ob-
tained for each below, at, and above bubble points. These corre-
lations are trained and tested by a data set with a wide range of
input parameters. Genetic algorithm is then employed to generate
new data stochastically and the new data then enter to the GS-
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Fig. 8. Relative deviations of the determined viscosity values by presented model
in terms of pressure values. (a) Viscosity below the bubble point. (b) Viscosity at the
bubble point. (c) Viscosity above the bubble point.
GMDH model. This process is occurred in the range of decision
variables. The proposed multi-hybrid-model has presented ideal
correlation. The obtained correlations coefficient are about 0.9996,
0.9944, and 0.9999 for below, at, and above the bubble points,
respectively. In addition, the accuracy of proposed model is com-
pared to seven well-known models. Results show that the pro-
posed multi-hybrid model has considerable superiority over the
other models for estimating the viscosity of Iranian crude oils. This
paper can trigger further implications to predict oil physiochem-
ical properties more appropriately.
Fig. 9. Comparison between obtained correlation in different studies and pre-
sented study. (a) Viscosity below the bubble point. (b) Viscosity at the bubble point.
(c) Viscosity above the bubble point.



Fig. 11. Deviation of viscosity below the bubble point vs. oil API gravity.

Fig. 10. Deviation of viscosity below the bubble point vs. pressure.
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Appendix A. Statistical analysis
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